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Cau I (2,0 diém).
Cho ham s6 y = x* — (3m + 2)x* + 3m ¢6 d thi 13 (Cpy), m 1a tham sb.
1. Khao sat sy bién thién va v& d thi ciia ham sb da cho khi m = 0.
2. Tim m dé duong thing y = -1 cit dd thi (Cy,) tai 4 diém phén biét déu c6 hoanh
d6 nho hon 2.
Cau II (2,0 diém)
1. Giai phuong trinh V3 cos5x — 2sin3x cos2x —sinx = 0
x(x+y+1)-3=0

(X+y)2_iz+1:() (X’yER)
X

2. Gidi hé phuong trinh {

3

Cau III (1,0 diém).  Tinh tich phan Izj .1

1€ -

Cau IV (1,0 diém). Cho hinh ling try dimg ABC.A’B’C’ ¢6 day ABC la tam giac
vuong tai B, AB = a, AA’ = 2a, A’C = 3a. Goi M 1a trung diém cua doan thing
A’C’, 1 1a giao diém ctiia AM va A’C. Tinh theo a thé tich khdi t&r dién IABC va
khoang cach tir diém A dén mat phang (IBC).

Céu V (1,0 diém).Cho cac s thuc khong am x, y thay d6i va théa man x +y = 1. Tim
gid tri 16n nhat va gia tri nho nhét cia biéu thuc S = (4x> + 3y)(4y” + 3x) + 25xy.

PHAN RIENG (3,0 diém)

Thi sinh chi dwoc lam mét trong hai phin (phan A hodc B)

A. Theo chwong trinh Chuin

Céu VLa (2,0 diém)

1. Trong mat phang véi hé toa do Oxy, cho tam giac ABC c6 M (2; 0) la trung
diém cia canh AB. Pudng trung tuyén va duong cao qua dinh A lan luot c6
phuong trinh 12 7x — 2y — 3 = 0 va 6x — y — 4 = 0. Viét phuong trinh duong
thang AC.

2. Trong khong gian véi hé toa do Oxyz, cho cac diém A (2; 1; 0), B(1;2:2),
C(1;1;0) va mat phang (P): x +y + z — 20 = 0. Xac dinh toa d diém D thudc
duong thang AB sao cho dudng thang CD song song voi mat phang (P).

Céu VILa (1,0 diém). Trong mit phang toa d6 Oxy, tim tap hop diém biéu dién cac
s6 phtre z théa man didu kién | z — (3 — 4i)l =2

B. Theo chwong trinh Nang cao

Céu VLb (2,0 diém)

1. Trong mit phing véi hé toa do Oxy, cho duwong tron (C) : (x — 1)+ y*=1. Goi I 1a
tam cua (C). Xac dinh toa d6 diém M thudc (C) sao cho Mo = 30°.

2. Trong khong gian vé&i hé toa d6 Oxyz, cho duong thang A: XT+2 = yT_2 = il va
mit phang (P): x + 2y — 3z + 4 = 0. Viét phuong trinh duong thang d nam trong (P)
sao cho d cét va vuong goc voi dudng thang A.

Céu VILDb (1,0 diém)

dx




Tim cac gia tri cua tham s6 m dé duong thang y = -2x + m cit d6 thi ham s6
B X" +x—1
-

thudc tryc tung.

tai hai diém phén biét A, B sao cho trung diém ciia doan thang AB

BAI GIAI GOI Y

Caul. 1. m=0,y=x'-2x>. TXP:D=R
Y =45 —4x;y =0 x=0vx==I; lim =+w

X—>too

X —00 -1 0 1 ~+00
y' -0 + 0 — 0 +
y RN 7 0 \ >t y
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y dong bién trén (-1; 0); (1; +o)
y nghich bién trén (-o0; -1); (0; 1)
y dat cuc dai bang 0 tai x =0 -1 o 1

y dat cuc tiéu béng -1 tai x = £1
Giao diém cua db thi v6i truc tung 1a (0; 0) —1
Giao diém ctia db thi véi truc hoanh 1a (0; 0); (/2 ;0)
2. Phuong trinh hoanh d¢ giao diém cia (Cy,) va duong thing y = -1 1a
x'—(Bm+2)x* +3m=-1
ox' -Bm+2)x*+3m+1=0<x=+1 hayx*=3m+1 (¥)
Puodng thing y = -1 cit (Cpy,) tai 4 diém phan biét co hoanh d6 nho hon 2 khi va chi
khi phuong trinh (*) c6 hai nghiém phan biét khac £1 va <2

{O<3m+1<4 —%<m<1

=

3m+1#1 m0

Cau II. 1) Phuong trinh twong duong :

\/§COSSX—(Si1’15X+Sil’1X)—SinX=0©\/§COSSX—Sin5X=2SinX
= —300s5x—lsin5X=sinx & sin| L —5x | =sinx
2 2 3
T T
= E—Sx:x+k2n hay E—SX:n—x+k2n
= 6x=§—k2n hay 4x=§—n—k2n=—2?n—k2n

o x=2 kX hay x=—L_k= (k € 7).
18 3 6 2

2) H¢ phuong trinh twong duong :

x(x+y+1)=3 X(X+Y)+x =3
) 5 N ., bK:x#0
x+y)y +l=— X (x+y) +x° =5
X

bt t=x(x +y). H¢ tr¢ thanh:

t+x=3 t+x=3 t+x=3 t=1 x=1
, L, e , = = v
t"+x" =5 (t+x)"—2tx =5 tx=2 x=2 |t=2
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l-e* +¢e* e’

Caulll: 1= =—|dx+
! j Vlfex_
=-2+In(e’ —1)—1n(e—1):—2+1n(62+e+1)

Caulv.

AC? =94* —4a* =54 = AC = a5
BC*=5a>-a’ =4a° = BC =2a

H 12 hinh chi€u cta I xuéng mit ABC
Tacoé IH 1L AC

/ /
ﬁzAM:l:IH/zz:IH:ﬂz yr
IC AC 2 A4" 3 3

1 11 4aq 4a’
V, o ==S 1H=——2a><a><—=— dvtt
IABC 3 ABC 32 3 ( )

Tam gidc A’BC vudng tai B
1
Nén SA’BCZEG\/§2G =a’\5

A
4 bre £ N 7z 2 2 2
Xét 2 tam gidc A’BC va IBC, bay IC=§A/C:>S,BC =§SA,BC =§a2\/§

3
Vay dAIBC) = Y _34a’ 3 _ 2 2a/5

Swe 9 285 55
CauV. S=(4x"+3y)(4y” + 3x) + 25xy = 16x°y* + 12(x> + y°) + 34xy
= 16x°y* + 12[(x + y)® = 3xy(x + y)] + 34xy = 16x’y* + 12(1 — 3xy) + 34xy
= 16x°y* — 2xy + 12
batt=xy,vix,y20vax+y=1nén0<t<"
Khido S = 16t" -2t + 12

S’=32t—2;S’=0<:>‘[=L
16
25 191

S(0)=12; S(4) = bR S(—)— Te Vi S lién tyc [0; %4 [ nén :
MaxS=£khix:y:l
2 2
_2+\/§ _2—\/5
Mins= 2 khil 4 hayl 4
" 16 2-3 7] 2443
Y 4 Y 4
PHAN RIENG
Cau VlL.a.

1) Goi dudng cao AH : 6x —y —4 =0 va dudng trung tuyén AD : 7x —2y —3 =0
A=AHNAD = A (1;2)
M la trung diém AB = B (3; -2)
BC qua B va vuéng géc v6i AH = BC: I(x-3)+6(y+2)=0<=x+6y+9=0

D=BCmAD:>D(0;—%)



D la trung diém BC = C (- 3; - 1)
AC qua A (1;2) ¢6 VTCP AC = (—4;-3)
nén AC:3(x-1)-4(y-2)=0<3x—-4y+5=0
x=2-t
2) ABquaA c6 VICP @:(—1;1;2) nén c6 phuong trinh : Jy=1+t (tell)
z=2t
De AB<D@Q-t;1+t;2t)
CD=(1-t;t;2t). ViC ¢ (P) nén: CD//(P) < CD Lne)
@1(1—t)+1.t+1.2t=0©t=—lVéy: D(é;l;—lJ
2 272
CauVLb.1. (x—1?+y*=1.TamI(1;0);R=1
Ta ¢6 IMO =30°, AOIM can tai I = MOI = 30°

, 1
= OM c6 hé s6 goc k = +tg30° = +—
C g g \/5

2

+k=t— :>ptOM:y=J_ri thé vao pt (C) = x2—2x+x?=0

1
g 7
< x=0 (loai) hay x :%_ Vay M [_._4__]

Cach khac:

Ta c6 thé gidi biing hinh hoc phing
Ol=1, fOM = MO =30°, do d6i xting ta s& c6 M,
2 diém ddp 4n ddi xitng v6i Ox

H 12 hinh chi€u cia M xudng OX.
Tam gidc OM,H 1a nlta tam gidc déu

! H
Ol=1 => 0H=%:OM:i,HM=i=£ o

NE)
Vay M, (%’QJ’MZ [E’_ﬁj M,

2 22

2.Goi A=A (P) = A(-3;1;1)
a, =(LL-1); ng =(1;2;-3)
d [di qua A va c6 VTCP i = [i,@] =(=1;2;1) nénptdla:
x+3 y-1 z-1

-1 2 1
Cau VILa. Goiz=x+yi. Tac6z-(3-4i)=x-3 + (y +4)i

Vay - (3-4i) =2 J(x -3 +(y+4) =2 & (x -3 +(y+4)’=4

Do [1d6 tap hop biéu dién cac sb phiic z trong mp Oxy la dudng tron tam I (3; -4)
va ban kinh R = 2.

2
Cau VILb. pt hoanh do giao diém 1a : xXx-l =-2X+m )
X
& x>+ x— 1 = x(= 2x + m) (vi x = 0 khong 1a nghiém cua (1))
<3+ (1-mx-1=0

v



phuong trinh nay c6 a.c <0 vdi moi m nén c6 2 nghiém phan bié¢t vdi moi m
b
Yebt&S=x1+x,=——=0cm-1=0&m=1.
a
Tran Minh Quang
(THPT Pht Nhuan - TP.HCM)



